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FiR COIEEGRE, R4eX., RRERBFARASBFUBF I, IR,
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2.1 B

BAIFEHRGHELRZ P AMALRINREL,2,3, . Xk ERH A EK
ez B T A A kIE E A T RO GEZ H XY AR AR AR E ]
MR T BAMESN.SRE {§ ER AR T ERESLZERE SR
RE AR FHET RO L.

EERELSZY T A#ATA, B, RIBH FFELHZ— A (e Jo ik
8y S o b A Tk St A ik 6 A BULAE S ). — MR B R iR 1B B T A AT R
RN T AR ABTEHSERG AN EZ TR

211 EHRXARAMNR

BN 2.1, a,bR E M B BDY LR Y A& KA Fad = b T
Ha | bAAra Ao —AEF.

BRI T AAERZ B —AF X R H2—316,3]| —6,416.

I 2.1. &a,b,c,x,y € ZEHR KRR B ho F— MR
1° METa¥ Fa | a;

2° Fa|bHb|a,Na= +b;

3° Fa|bHb|c,Malc;

4° Fa | bNWa| (be);

5° Fa|bHa|c,Ma| (bx + cy);

6° #a,b>0Ha|bMa < b;

FEF 1°,3°,4°, 50 Ik & LT VUE J1K B R GE B 2° A0 6°.

12
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HEBA2° Wa | b | a, %0 H A,y € ZAEFar = b by = aFFEAN
8 £, A A A8 KT Blabry = abdE dry = 1K@ R H & A IE
Nr=y=1%x =y =—1,Bla = bHa = —b.

A6 a,b>0Ha |beBr e Nifar =0.X2x > 1, FHa < b.

£ —fH Fa,be Z,Ha,b#0,a|bAla|||b].B16°3 & |a| < |b],BF—|b] <
a <o TERAFEHERZRORAABRSAR T O THEMz € Z,2-0 = 0,4
m0A LIRS ANEF.

212 RANHETF
BT IR ABESIE T A LR AN ERA R KA E T

EX 2.2, a,bAANTE ARG EH a0, bdI R KAEFd = (a,b)i
R

1° d|a,d|bBrdRabbbynEET;

2° #cl|a,c|bMe<dBrdRaEbd A N ERTF R KG—A

EMHIT LE L (a1, a9, -, an)-

RTIASEHE S ARAR T 1O 5 ANERE T H—ANE
FlLAaT @ 2PN ENERER PR AAREANAR T AMSa, bR AR
AR FTELARARSA AN AR KGN NEF. 2R = (a,b) >
1% 42 (=3, —6) = 3,(—3,6) = 3,(2,3) = L.l RXAANEHGR KX NE T
AL AR AR T F .

AT ERRE H ¥,y Fabb IR KABEFd = ax + by A3k
Aa, bt R KN EFdREE R Rabb& AT H kR A &M A XKFEEFR
®4

S={ax+by|z,yecZ}

ZERAA T A

1° ZFm,ne SNm+nels;

2° #neS ceZNWene S,

3% WS R EEKAIA LS N RA AN E R K G EFA
f& ALk B TS,
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Lom by MR 10F20% B AR A9 ILGEA 3. A Aa, b 2 A K, +a, £
RETELSSAHRAN ELSSTPHELE TAST —Z 5L E — R
EERIAERe € S Bc = qd + r, 3 P aFery A Atk AT B 69 B A= JE R
AHOKr<dBAHde S HER24mg-d e S.XHec € S, R1%r =
c—q-dec SHTARSPTRNDGEEY AdmbAr=0,Bc=q-dIK

S={ax+by|z,ycZt={k-d| keZ}

T @ iEASH K D EERIE ARGV R K ARF. 8 Td e S, AEx, Yo
€ Z&1Fd = axg + byo. A A (a,b) | a, (a,b) | b,F &(a,b) | d.B1 F & &
M 6%, %2 (a,b) < d.5 —F @B Ra € S,b € SIRA Bk, ko € Z %
Ha = kid,b = kod, A dZa5b89 B F .7 (a,b)Zabb8 & KR F 07
Ad < (a,b). 42 E%ad = (a,b).

M@ egitie B b, Fa, DAL R ER IR — % G EE R, ythar
+by = (a,b). 7 5, EHn T AR T ar + by K9 L& 54 £ (a,b) | n. B
R, % a5bE & B AT EHn AR T AR T Rax + byad 5 X, & AT 2]

EIE 2.2. i%a, bR A EEEH AL
1° (a,b)RESS={ar+by | o,y € Z}F oy EHEZL;
2°  HEn T VAR Rax + byt X L& 542 (a,b) | n.

A R 227 AT X TR K B89 — A Ryt

HEIL 2.1, Fm A EEL N (ma, mb) =m (a,b).

JEBA
(ma, mb) = 4= max + mby 49 EHEK
=m- R4 ax + by 49D EFEEL
=m-(a,b).
A A

1° #(a,b) =dMd=(a,b) =d(%,5).AmARAFE (2, 5) =1
2° FmAaHVHAETF a0 =mai,b=mbi. (a,b) =m (a1,b1),PTVAm |
(a,0),PPabbd) n BT R R K NEFHET.



2.1 HErRh 15
#iL 2.2. &(a,m) = (b,m) = 1,0 (ab,m) = 1.

EH W (a,m) = (bym) = V&L, yo, 1,1 € L AEFaxy + myo =
1,bxy +my; = LI X ANKXT AE B 5 5 4 17 2]

abxori +m (aiﬂoy1 + br1yo + myoy1) =1
M (ab,m) = 1.
HIR 2.3. 0, bR &N B ¥ ik MAEE M (a,b) = (a,b + az).

W Lg=(a,b),h=(a,b+azx).Hg|a,g|big| (b+ax)PPgitalb
+art§ A B F AR R2.1F 692°%eg | b5 —F @h | a,h | (b+ax), SR |
bAmhAa 589/ BF . FEh | g0 232219 2°4h, g > 0,4 Hh = g,#7(a,b)
= (a,b+ ax).

#iL 2.4. %&c|abB(c,b) =1,0c]a.

B dc|ab,c| ac,RABHER2.1F 892°%ac | (ab, ac). T A AER2.1%2 (ab, ac) =
a(b,e)=a+1=aFTAc|a.

L& aGIE N (a, b) 7T VAR T ARax + byfs ReGEAZ T %A 4 H — A TIT8
Tk K ey KAVF A H£2.3,7T AT 2 K faz + by = (a,b) 49 BRIL 247
fi&k. BT (a,b) = (|al, b]), ZAX E A5 HKa > b > 0.

EIE 2.3. a, bAEEHK A TIXEX:

a=bgy+ 19,0 <19 <V,
b=7”0(h+7’1,0<7“1 <70,

ro =r1q2 + 12,0 <71 <71y,

T = Tip1Qit2 T g2, 0 < ripo < rigq,

Ti+1 = Ti+24i+3,

D\]'] (0/, b) =Ti4+2.
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1iE B E—ti’ﬁiﬁﬁ%#ﬂﬁ%é@”%ﬂ%%ﬁ?,b>To >Try > T >
rigo = 02 —NE 7698 7). B s 2T HOR AR VAU P13 3] 69 R 4 A 0.
BAVE BB = 0.4RIEIE2.3H

(aa b) = (b, 7“0) = (7“077’1) == (?”z‘,n‘+1)
= (Pig1,Ti42) = Tit2-
W bR SR A AR R S ok AT A AF B (a, b), A1 Kk # B X R AW & 5t
T VAT 2] (a,b) = ax + by #z, ya91a.
5] 2.1. 3+ 5 (963, 657).
fE R 2 3R AR AR AT R X R X
963 = 657« 1 + 306,
657 = 306+ 2 + 45,
306 = 45+ 6 + 36,
45=36-1+9,
36 =9-4,
T A(963,657) = 9.
H
9=45—-36+1=45— (306 —45:6) =45-7 — 306
= (657 —306+2)+7 — 306 = 6577 — 30615

= 6577 — (963 — 657+1) 15 =657+22 — 963 - 15,

7 A2963x + 657y = 9 Az = —15,y = 22.

2.1.3 w2 EE

EX 2.3. a,bH ¥ 05089 & DA EHc = [a, b 2
1° aleb]|e,He>0;
2° Faleb|eMe< el
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R AE L]ay, ag, -+, ap)-

HEATAASEE R a, b AR ENE R Fm|ab]. & A48 Futa5ba9 AMEHK,
W) 3¢ FAEAT I o ur . Ra5b8Y A AE R T a5 HER KB 8.2
RaB5bA & B AE e BANFRc A a5 beg D AME S

X FAANERERGR D AEREH EMT R KB Fo248.

EE 2.4, a0, bAFEER aBOOENNERA AR D MEROREH.

W FEELS = {aBVWITA NMER} IZEAA T B

1° ZFm,ne S Wm+nel

2° FneS,ceZNenel;

3° S H R D EERIRAS T EANTF R E R RS Ruby
TAEH LB TS AR A a G0 R AER

1°,2°R S AR89 . B S 2 Hab bt i A M AE H AR 8 £ab € S BRS P A
EHE MBS P HEAERDEERKuER € S v =qu+7r,0<r<u W
Fo,uec S,qeZivhir=v—quec S uRS PR NDEER RALLHr =
0,BPv = qu.Babb#y N AMMEE A - L Fou = [a,0].5" = {kulk € Z}. X5
AR R a, bR EEA SRR A E BRI 1E 3L

AR R FL2.47T AR B X T oo DB 800 — S R a9 R

IR 2.5. mAEELK W [ma, mb] = m[a,b].

W Ha | [a,b],b ] [a,b],%2ma | m[a,b],mb | ma,b],BPm [a,b]~ma
Hmb 89 E R A d[ma, mb] | m[a,b]. 5 — 7 @, F [~ mambhy nAE K b
Am | LA = Um, I8 A1 Za 5089 MEH M ma,b) | U8 s Hm [a, b] |
LALEL = [ma, mb],7F Elm[a,b] | [ma,mb].H & #2.1%2° A Bom[a,b] > 0,
[ma, mb] > 0,5 J& 17

[ma, mb] = m[a,b].

HiL 2.6. Fa,bH EES N [a,b] (a,b) = ab.

W B ARTR(a,b) = 189H R [a, b] RaBbH K D AMERK B Em IR
#a,b] = mia.®b | [a,b],%2b | mia.@(a,b) = 1,8 #2457 50 | my.my 2
A ALK R AR BB PRV AMy = b,BP[a, b] = ab.
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% (a,b) = dit, b dEie2.1F 691°40 (4, 0) = LA E@mag it A (2, L] =
LHab AREAR 2. 144625,

R R PTE 0 EE

214 ZFRFTHME—MEHE

aRbW B F % B L | b R EEHKOR A 1Abh L B F 0 ARbAH E
A 422,3,5,7,11,13,17,19, - - - FAS K T 169 F JAR T A — AN & ¥
W i 13 2] B F B F o X 460 = 2235w R ARHE EH T HIA
8 R IR LA R XA BMNAREZTR T o E—MHE® "R
Ha VATERA .

EIE 2.5. (FATHME—H )

15 & E AR ) — AP X LR —H# 5 X B s & 00 e Am.
EAVT AR Ao kAF A A A RAB F R AATEERn=1+1+--+ 1,
N—————

HAKTERALS MM G ARG FART LAACER2KE
AN ER AT R T 5B 25 F A4,

AR BV ANERRIERR B EFE TR S A F HCT R BRAEHIE Y X
—ZRBERAAREZNFE K, p2, -, prp AN = pip2---pr + 1nA A A
R B HE—NFEEptEp; | n,dEdp; | 1.7 £ F B BT AR LR ZAE XK.

— A% R B, A 4 B BT R B T M AR AR 6. F S8 B 6 19 A
TR —AF CTITHE R AR ER ARG R ER AR RLERA
JO R If k76 T 2055 B 1A 45 2] T 108 AR 89 & .20 #2605 K £ B = A A
8t FAUA B E ATD x 1084 & £0.1985F9 F £ B £CRAY X-MPAZ4 it 5
ALt H a9 | K& H R 2216091 _ 1 5 1065050 33X % B AT AN 4eiE 9 R K& 4L

2.2 HHELIZTA

MRFEE XM P (Je EEH, AREXF)KBGGTANEER TR
B EEFER TERL BB T TA
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a1xr] +agxg + -+ apTy = N.

KA H AR,

FAE1400% FAT, 59 (GREAZ) — PP RE—FAERFLGT
A ) AL R R A — AR A S E— AR BT AR — A REE G
B E, BIFEIUTIRE H o R G Ey RT3 R A& A

ox + 3y + z = 100
x4+ y+ 3z = 100.

W2 AR Te + 4y = 100.3X 8 B LAM R E HTAENA Z LA M€ 4L,

AT AR T AR F AL

EIE 2.6. a,b,nH EHK art+by = nH MY BALE (a,b) | n.de Rao,yoLaz+
by = nty—4aLfE W B FFEH

r=x9+ (alfb)ta y:yo—ﬁty
Hob e A A

W B ENRE22FELS = {ax+by | x,y € Z}8 1Tt Srax +
by = nA % BAXE (a,b) | n.
de R, yoax + by = nd9— 8/ BPaxg + byo = n. W T
a(:vo—l—ﬁt) —l—b(yo—ﬁt) =n.
Fr o = xg + ﬁuy = Yo — ﬁtf&am +by = nd9 R TR FrylF
Fazr + by = ndyfiE N

a(z — x0) + by — yo) = 0.

IR D | o (o —20) Bl | gy (o 50 (i ) = 1.7 Ay |
(v — x0),Bl2 = 20 + (a—ljb)t,ﬁ— PiAy — AR Frey R R KR Na (2 —20) +
b(y —yo) = 0.y = yo — 2yt BT iZ A2y M A

x:xo—l—(a—l”b)t, y:yo—ﬁt.
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f5) 2.2. AT @agE B[P ATe +4y = 100.8(7,4) = 1B AGAH #F 00 =
0,y0 = 25 — A4 MR B A = Aty = 25 — Tt. A FRike, yh EEH R
BAEO, 1,2, 3.8 T AR MERA WA A

z=0 z=4 z=3_8 x=12
y=25 y=18 y=11 y=4
3z =175, 3z =178, 3z = 81, 3z = 84.

23 FARXH5&MRARFTE

2.3.1 BI&RXARLNER

B2.17 P RAT B IR P R alR A RO R R A0ARD | a. Bt
al R HA BAP TR A T B4 e, &A1 5| ARl & 6944

EX 2.4. %a,b,m € Z,m # 0,a50mB & % BAXEm | (a —b),FL
Ha =b(mod m).

2%&a=0b(mod m)5a=b(mod —m)FMH A A ABBRIEM > 0.
Bl & XA % 5% 5 XM ERa R &MNP 54 T (ika,b,c,z,y €

1° a=a(mod m);

2° Fa =b(mod m),Mb = a(mod m);

3° Fa=0b(mod m),b=c(modm),WMa=c(mod m);
4° Fa=b(mod m),c = d(mod m),N

a+c=b+d(modm), ac=bd(modm);

5° Fa =0b(mod m)Ed | m,WMa = b(mod d);

6° #a=0b(mod m),WMax = bz (mod m);

7° azr = ay (mod am) ¥ AR Hr =y (mod m);

8° Fax = ay (mod m)H (a,m) = 1,0z =y (mod m);
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9° x=y(mod m;),l <i<r¥HBMRXZr=y(mod [my,ms,...,m.]).
VAL i PR ARST VA R A 2 L H AR AT B AL B AR

2.3.2 &KHERfFA

a, bl H R EZMNZRKEER & F42ax = b(mod m)#y f# £ H — 457
W,

EI] 2.7. &(a,m) = 1.3 T HEAELKD,F & F 42ar = b(mod m)A
m g —#.

W BA(a,m) =13 THENERVARAEEL, Yy € ZAEFar+my =
b,Blax = b(mod m),r3t A& % B 4 7 A2 84 fiF.

T &k B fE A AR — 8. Fxy, ol Aax = b(mod m)&y #E Flax, =
are = b(mod m). ¥ F(a,m) = 1,72z = 29 (mod m).:XHLH 7 A2 69 4% &
AN FERAEM B 409 BP iR AR moE —.

EIE 2.8. A& F#2ar = b(mod m)H % BHALE (a,m) | b. 5 K%
REFZ R & AR (a, m) MEMR R & 6%

r=x0+ t(mod m), 0<t<(a,m)—1.

(a,m)

R b a2 R & TAE

) i

W] Ezg AR & FA2ax = b (mod m) 8 E.BPm | (axo — b). W T (a,m)
| m, 2R A (a,m) | (axg —b). X H(a,m) | a, 3 H (a,m) | b.RL K, % (a,m) |
b, B Ex,y1 € Z, £axy +myr = b,BPax; = b(mod m).iX & Wlo, L2 B &
A ar = b(mod m) &y — A~
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L% AR & HALH R K (a,m) | bEF,ax = b (mod m) T VAL % F
YR A TAZ

a b g
(@m” = am) \"™ (m))
m%((“y(m)—lﬁﬂiﬂ% ﬁ*ﬁ‘?xEIO(m"d( >)MM
0

(a,m)

FRO < zg < (a%).:‘/l\xo)&,iiax = b(mod m)& — AN T @k Pz +
a0 <0 < (a,m) — 1A ax = b(mod m) 8 i 42 € MR T A
m a .

a | zg +Z(a,m)> =axg + (a,m)zm =b(mod m).

m
m m m
< | ——— ,m) —1 =m,
0 m0+l(a,m)<(a,m)+((a m) >(a ) m

P Azg + iy, 0 < i < (a,m) — 1R (e, m) MM B 4 &9 R 3R A8
Ryfar = b(mod m) 8 —ANfE.4 Faxrg = ay = b(mod m),f hzy =
y( @ )) By = wo + ki AR KRR Aa, m) 89 3R 0 A HOAR Ay =
(mod m). X H Haxr = b (mod m)& Lt *(a,m)/\ﬁizf’]\«xﬁi\t%

xo + z(a ™)
75 XA .

i 2.3. ##14z = 27 (mod 31).
2 (14,31) = 1, 14z = 27 (mod 31). A 31 —#%,
142 = 27 = 58 (mod 31) .
R (2,31) = 1,7 A B & XM 847 2
7z = 29 (mod 31).
X H 7z =29 =91 (mod 31),8(7,31) = 1,# 2 = 13 (mod 31).
5 2.4. #6x = 30 (mod 33).

i (6,33) = 3H3 | 30,% & 322.8471% B & HALH 3AHEIZ R 4 09 L.
562 = 30 (mod 33)F M 49 B & 74222 = 10 (mod 11)“}2’(27 1) =1,z =
5(mod 11)& ¢ &9 #11°E — .o = 5 + 11¢ (mod 33),0 < 2RRA&F
62 = 30 (mod 33)#9 =ANE33 7R B 4 69 #f BP iz B & ﬁﬁiﬁﬁﬁ%ﬁ

x =5,16,27 (mod 33) .
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2.3.3 KXMEMHRLHAA

KREERBFENE (THE) ¥ “DARRLEL” —F: “SHDR
Jo M ZZHL A RERZAZ LR A FBILTY AREES
AR AR (LA )

x =2 (mod 3)
x = 3 (mod 5)
r=2(mod 7).

— R ERERAAE K2 (FRAR) b EER

“ Z ARUTE A,
AAAE T — A,
L5 AR A EF,
B EAE TR

DR AT0,21, 155 A % 2% VA3, 5, THT 13 69 & 2,3, 2, % 4 R A0 F
#105. Bp

x=702+21+3+415-2 =233 = 23(mod 105).
E S Hob LAk P le XA A AR A b B R &2 AT & g 28R4 g e .

EIE 2.9. X ARKm, ma, -, mr,fﬁ'ﬁi? MEEEKar, a2, ar,
MR A TAEL = a;( mod m;),1 <i < r¥ A M FFEBEEM M- mf
—ay.

EH M = mimo---m,, M; = M ,(My,m;) = 1,1 <@ < r34f
B AN, M;b; = 1(mod m;) A fE3+ B %5 ;ézH‘J'Mb = O(mod m;). Ay =
Zj:l Mjbjdj,;ta!’_f}&

y = M;b;a; = a;(mod m;),1 < i< r,

l/\r?'nyfen > Ty A2 48 64 g B B '5y1‘7“%m1m2 my 7] RO R IZRE & AN
a9 fig .
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y1, Yo AR A B & ALY AR Ay — yo = 0(mod m;), 1 < i < r. A3t

WY1 —yaAAmy, ma, -+, mpBIER A d[my, ma, - ,my] | (y1—y2). Famy,
ma, -+ ,my MEAELE [my,ma, -+ ,my] =mimg---m,. REFH

y1 = y2(mod mymsa - - -my.).
1% R ILOGIE I R AL PG C T A A ML B 4 A2 4 049 BLAR O IR

5] 2.5. fER & H AL

x = 2(mod 3)
x = 3(mod 5)
x =2(mod 7).

ﬁ 7«1:\%‘:’:]\4:3'5'7:105,]\41:35,M2:21,M3:15.d335b1£
1(mod 3),21be = 1(mod 5),15b3 = 1(mod 7)% Al f# by = 2,by = 1,b3 =
1. %

Y= 35:2.2421-1-3415-1+2
=702+21.3+4+ 152 = 233.
y = 23(mod 105) & % B 4 7 A2 4. 49 fiF .

EIE 2.10. KHER A FTAEMr = a;(mod my),i = 1,2, A 69 £ &K1+
& (m1,ma) | (a1 — ag) A& F it R0 1% 75 A2 69 R AE [my, mo] "B —.

JEB X G AR MR R G A s, tAEr = mit + a1 Bx = mas + ag,
BPmat — mos = ag — a1 KB 32.6%01% B AL A ML B AX % (my, ma) | (az —
ap) FT VARV B 4 AL R MR 09 % 5 AF 2 (my, m2) | (a1 — ag).

B Y KB RN o Ao R 1% T AZ 406G FF

1 — x9 = 0(mod my)
1 — x2 = 0(mod myg).

$1—$27%ml,mzéﬁ/ﬁ’fgé‘kg{.ﬂ;i\%[ml,mg} | (le—xg),gpiﬂl = ZEQ( mod [ml,mg]).

© 3BH 1% 7 A2 69 ﬂiﬁ%[ml, mQ]"’fi"‘.
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5l 2.6. Kf#
x = 2(mod 4)

z = 0(mod 6).

W E(4,6) | (2 0),i% LA MR L RRALI2E— T Bt £ E
fE.Hr = 2(mod 4),%x = 2 + 4k, F X K Az = O(mod 6), #F £ldk; =
4(mod 6),fL # J& Aks = 1(mod 3).F &k = 1+ ko B R Az = 2 4 4k,
3w = 6+ 12k i iR A

241 %% 5%%

3T B R AN ERARS AR5 E£46{0,1,--- ,m—1}F—AK
EmB & — A,

EX 2.5, B¥HELS v, 10, 2}, RENEXSAE LR 5ZEL
‘:F"/l\l'ﬁ%mré] %,DN ﬁ:{l’l,xg, s ,mm}ﬁ*%méﬁm,% .

22{0,1,2,3,4} 45 8% & ,{10,21,27,38, —1} L R 5 89T R I3
A, Bme T ZA AN, HARE R AImANATE ARG, L RET LT EA
B RHEmE £,

HMNEEMYG R A ELEXTRA = {z|lr € Z,2 = i(mod m)},0 < i <
m— LHENERAE5{0,1,--- ,m — 1}F —ANKE & FTAFENEHR
FAg, A, Amt P W —AEr € AB(z,m) = 1LIFZA b 8945 &
ZyAR LA (y,m) = 1L,iXRR Hr,y € A,z = y(mod m),Blx = y + km, 4o
K(y,m) = d,WLHd | 2. HEd | mFd | (x,m).@(x,m) = 1,A@m(y,m) =
d=1.

Fre Ail(x,m) =1L NARAAEMEZEFWR AR SmEZFHR A
FATH G(m), R By R

EX 2.6. AHENEMEFHR R EFTR-ANTEANEH KK —AH
ﬁk‘(‘ﬁé%é\{ﬁ, T, - ,T’(z,(m)}""l MM Y% £ .
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ﬁﬂ27{01234amﬁw%n%,«$n XA = {6k +ilk €
Z},0 <i < 5FALARH6EF MR & £,3%0(6) = 2.{1,5},{7,-1}#& =&
#6 éﬁéﬁ%.

R E (1,2, m— 1} Bm I 0 Sk A — AT R Ay — A

%4 & .p(m )W’L»ﬁfﬁ\kmﬂ_ BmE % ) R R EIRIES(2) = 1, ¢(3) =

P(4) = ¢(6 ) =2,0(5) = ¢(8) = 4,9(7) = 6. &MAELH(1) = LEAXM T &
#p, ¢(p) =p—1.

5138 2.1. ©4e(a,m) = 1.5{x1, 22, , Ty } RAEM T F N {axy, axo,
0Ty Y RBEMEY TR {11, 2, Tgm) y RARMAIGE R W {ary, ary, - -,
arg(m) AL RAEME) 46 7 .

W {z, e, o REMB R R AR L £ ja; £ zj(mod
m). % Razr; = azj(mod m), & F(a,m) = LA H L A x; = zj(mod m).iX
5{x1, 29, o} AEMG T EFE. BFHar, avg, - ar, A AA
Bm IR & EmNTE, CAEFH R — MM 7T 7.

{rira, - roem) }RAEMBI G R B L2 Lo (r,m) = 1,1 < i < ¢(m), 7
Hi # j,ri # rj(mod m).AA(r;,m) = 1F2(a,m) = 1, REIHE#£2.2 %2 (ar;,m)
= 1LAT & & 2IE i # j, ar; Z arj( mod m).ary, ary, - -, ar g A e(m)A>
SmEF AR AHEM B &G TE.CANEIFH RAEME — /NG 7.

242 Rz 5%Lz®

EH 211, (BREHE)
42 (a,m) = 1,Ma?™ = 1(mod m).

‘i]f% ﬂtl—“/]\i}‘;‘%mé{]éﬁ %‘ {T17 T2, aT(j)(m)} % (CL, m) = 1H:j—7{arla arsy,
ATy (m) Y RARMEY 4G R AL — ANy, b FAE— ANt = arj( mod m),FF
H R 69 T ARixt &2 7 B &9 F 4. o sl A i

riro - .- T’¢(m) = arjl . arj2 e arj¢(m)

— a¢(m) Tl - r¢(m)(m0d m)
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W T (r;,m) =1,1 <i < ¢(m) RIER1E2.24

(TITQ o To(m)s m) =1,

MAT X 2B A i
a®™ = 1(mod m).

R 2 F B—mA F Hp,(a,p) = 1Rt a,6(p) =p — 1, A fF 2] %
L3 pAEKHpLal

a?~! = 1(mod p).

#pla,a = 0(mod p), W] B AR ZaP = a(mod p).d Hp 1 alt A5 D232
F2aP~! = 1(mod p). H 8 B & X 6° 43 s 2aP = a(mod p).FF vA 3t T4&
fTa#fH aP = a(mod p), & ¥ pA FH.

2.4.3 HHEERHK
BIIR 2.2. pH 4 M — W EEHn,o(p") = p"(p — 1).

W DT HFE TR EA A, b Epn A B Tphi s Ep, 2p, -,
P ip, —E AP IR Hpr B T phd, Bp Hpn B E ey Sk A pn—pn ! =
P Hp — DA

EIE 2.12. H(m,n) = 18,6(mn) = ¢(m) « ¢(n).

R p(mn) 2 DT HFTFTmnBE Emn L F 6 EXEFANK T @i f
T HF Fmnty EERI R — 774

1 m+4+1 2m+1 -+ (n—1m+1
2 m+2 2m+2 -+ (n—1)m+2
3 m+3 2m+3 -+ (n—1)m+3
m m+m 2m+m - (n—1m+m

F(m,r) =d> 1R AT EF LI T Er, m+r,2m+r, -, (n—1)m+r¥
Emn AR Td@ T o EmnE £ 83 AR A(m,r) = 1896(m)F F
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F,mE(m,r) =18 {rm+r.2m+r,--,(n—1)m+r}ZnTEE LA
AN R R.C AR Z R AN TR T A(n) N EnE & . Mm%
TEFEANARHEMEE KdeC Z@AH ()M EmnELE.

I LS B p(mn) = ¢(m) - p(n).

ZE(m,n) = LA f(mn) = f(m)f(n)8d &K frr A R R R 2
FpRAME R F AR IL2 12 A Ent E B F MR An = plph - -pfc’“,
)

¢0ﬂ:=p?%p1—1>-~p%‘%pk—1)=7w1—li)~-u-—;;)

5 2.8. K230 034169 & 4.
fd 341 =11-31. 9 K472 5220 = 1(mod 11),2%° = 1(mod 31).

2310 — (21931 = 1(mod 11),
2340 — (230)11, 910 = 910 — (9%)2 = 1(mod 31),

BP2340 % T i 2 b ] 4 7 A2 48 4

{ z = 1(mod 11)

x = 1(mod 31).

f##F2 = 1(mod 341),872310 = 1(mod 341).
A B % D 2 ey 2 AR 2,250 = 1(mod 341) A2 #3411 & &

f5l 2.9. ##9z = 7(mod 13).
B 13REH B LR EZ32 = 1(mod 13).
r=32.0=309.92,=30.7=(13-4)5.7=(—4)5-7

= (13 +3)%(—28) =9+ (—2) = 8(mod 13)

x = 8(mod 13) & % 7 42 49 fig.
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2.44 @RBEHE

BRI AR T A EHNAZ S ARAL EBAG] L.
5138 2.3. 22 = 1(mod p)¥4F A A = 1,p — 1(mod p).

EH 22 = l(mod p) A Z KR & FARrZ2 LM r? — 1 = 0(mod
p),Bp | (r+1)(r—1).XZHAHMTR: Fp| (r+1),Wr =p—1(mod p);
Zp | (r—1),0r =1(mod p).

S8 24. pAF FRKJIETEANBE & % 4azx = 1(mod p)&d f#,iX
Fo T ABAAL 2, ,p—1.%a # b(mod p)bt,a’ # b/(mod p).%&a’ = a(mod
p), Ma=1%&Kp—1.

W B TaRAA{1,2,--- ,p — 1},(a,p) = 1.7 #2axz = 1(mod p)&
W H —/MNEd R FEd = b (mod p), /& Bl & XA AR Rabaa'b = ab'b(mod
p).Bad’ = 1(mod p),bt' = 1(mod p),# Ha = b(mod p).AAfm Ha #£ b(mod
p) B, Fa # V(mod p). X Fa' = a(mod p),B & XM R Fa, Ha® = 1
(mod p).AA51322.3 47a = 1(mod p)#FKa = p — 1(mod p).

EIE 2.13. (BRABRRE) pAFHIARE(p—1)! = —1(mod p).

W pREHK . Yp =20, 2K(2 - 1) = —1(mod 2). %p > 28F. 4 7]
2 45 BALT 5 6{2,3,-- ,p— 2}0 A &d # aflad = 1(mod p). Zaik
AR B B 48 2 690/ A R 09 A 2,3, -, p—2i&p — 3T hita Ha' 4
A% —*F, Bp

2.3+ (p—2) = 1(mod p);
p—)'=(p-1)-2:3---(p—2)=p—1=—1(mod p)

Bitk, &4 (n —1)! = —1(mod n).%a&n® BT Ha # n.¥n | (n — 1) +
DAF2a | (n—1)!'+1).2%a| (n— 1), FTRa| Ltskdfetha = 1. Xt
Pnix T A IR AR T, n2EHK.
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2.5 EHEZHHATARAZAK
n# E¥H d(n) R Fnt E BT 3 ,0(n)RTFnt ERHF LA TR
d(n) =2 gn 1,0(n) = g d.

En = plllplg2 .- -pk kAR Apl 'py? - (O <fi <1 <i<k)AntERT. &
AﬁﬁwHﬂKm%mﬁMﬁmmh+D@+D (g + DANER T, BP

d(n):<zl+1><z2+1>~-<zk+1>,

o(n) = Z Pl PQ '
0<f; <l
1<i<k
Uk
= Z pph - p£k11 Zpkk
s fi=0
I+1
P —1
Dk
0< f;<l;
1<i<k—1
pl11+1 1 p12+1 1 ''''' p2k+1 1
p—1 p2—1 pr—1

TEFEE S (m,n) = 18 ,0(mn) = o(m)-o(n),d(mn) = d(m)-d(n),BpdFec ¥
AR R

EX 2.7 EEFnAXAFKSEREnF THRAFISIWERTZ
Fa,Bio(n) = 2n.

Bldm6 =1+2+328=1+2+4+7+14,65282 2% FFTRL2HKL
23R TIRIFALER.

EIE 2.14. pAHFEH A R2P — 1R FH V212X - DNRZAHK.
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P phH2P — IHREFH G <2 140, (20712 — 1) = 1.0A&R
P oy B

o) =" =221, o(2P-1)=(2"-1)+1=2",
on)=0c (2P (2 -1) =0 (2PN o (2" - 1)
= (2" —1)-2" = 2n.
THAPL(2P — )RR AR

EIE 2.15. nR—AMBR A LAn =201 (20 — 1), L Fphe2r — 13

W AR AR TAETAn =28 m A P2t mk > LARET S
92 Lo(n) = 2n,Bp

2 lem =0 (28em) =0 (2F) o(m) = (2871 — 1) - (m +1).

fdim = (26 — 1) 1K BIRmE b Fmbtd B F 2 Ao 5 BIK § & Rmbh
B AR EL = LARmM = 2M1 — 1 0(m) = m + LIXHLAmA & AR
B+ IRRFEHKE+1=codym=21_1=200_1=(20-1)(2¢(=1) ¢
2¢(d=2) 1. 1 1) X EmAERFEETR AL + 1A EHKp. 45547
Fan = 2P~ (2P — 1) H o pAe2r — 13 A F 3

754 2P — 169 % 4 ™ F Mersenne4& , 8, £ 1985-F % %] #9 5 K Mersenne4&
F 2216091 1 B ATAX K LS 1AM & 30, R K 89 A2 282589933 1 47248620484% .

2.6 RAR5HHK

AT EAMNEMBB & H 42" = c(mod m).%(c,m) = 18 20&2" =
c(mod m) 89— AN4FME myAa" = 1( mod m) 89, Mz = yxo( mod m)Za" =
c(mod m) & f#. R & ka™ = c(mod m)&y & AN AR T WL 5 yxe X,
FyRa" = 1(mod m)#y P CA R B & 7 #22" = c(mod m), R &k B| —
N R 2,7 Aoy A2 = 1(mod m) 8y &R EFAF 2] T 2" = c(mod m)hY
e

T @ AT RA 2™ = 1(mod m) ey #E. A sk 51 BE . RAR R 48 B89 4

A
XN
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2.6.1 oMK

% (a,m) = 18, FEE S
A={n|ne€ZHba" =1(mod m)},

B EE EFap(m) € ABp(m) > 0. AR EGAY — R AR D EERKLE
AL AR I TR

1° FEni,ne € A Nng £no € A;

2° FneAce Zﬂ']anA;

3° B AAR MRS BB R 6 SF B R iy i AR R AE 2 R BP A
={k-l|keZ}.

EAVRIA atEm G B S AW i 42, 5 (a,m) = 18 ,atEmag I A 1]
A3 FE AN Ra™ = 1(mod m)® ¥ FEn HL | naF A3l | ¢(m). I EH
Ha™ = a"(mod m)% BHAX L n; = ny(mod 1).

#iL 2.7. &F(a,m) = 1,l%a#§mﬁ@%,ﬂ’lakﬁ%méﬁ%7‘7ﬁ.

Y HRA R (aF) = L(mod m)#jE LA A 24 R A AR
P Fal | kg, BP

.
.

l

—

Y ) (l7
4T (gl ) = LRSI Gl | 7.0k 6015 R R IR R D ) E 2 3 !

~—

) TR
M A (/T)

2.6.2 RAR
EX 2.8. &(g,m) = 1HgBmeIH R o(m), W g A BEme) RAR.

)4 2 569 R AR, 0(5) = 4,2* = 1(mod 5).3R BT8R A%,0(7) =
35= 1(mod 7).12 3 R & FT HmA A RAR S dem = 8,4(8) = ¢ (2°) = 4.
{1,3,5,7} RAZ8MLE Z M 1AL88 I #1;3,5,TAL8AG I A2 AEAT 58E & #9 &K
HEHAMRE{1,3,5 7P —ANTEES Bl & KA EizLk AR &
BT Jr JE RS TR AR
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BO < i, j < ¢(m) —1,i # j, B&g" # ¢ (mod m), {¢%,¢",--- , g?™ "}
M RAEME 45 R ALFE R, g R B BAREAN EmEE a5 AR5 %
AgBEmR &3P0 <i < (m) — 1L EMEYRARAE g0, g1, -, g1} o
Z(l, ¢(m)) = 1, g R AEm by B AR

T @42 F 0 R s SO RAR, 2 4530 R T A 69 F AR A RAR RARA
HAG(p—1). A de et HAG| 52,

5138 2.5. & f(2)Znk#EFH# ZAX, f(z) = 0(mod p) £ % An/MiE.

EH fo)RnRERZRSAX f(2) = an2™ + ap_12" + -+ + ag, 2
¥ a, # 0(mod p). 3 f(z) 8 R HnitAT )3 tAIEH.

In = 10,012 4+ ap = 0(mod p)Hay # 0(mod p), @ € 2.7 %2 1% & &
) 4 T AL o — ARy AL AR L.

Bikn = ki,apa® +ap_ 12" 4 +ag = 0(mod p) £ % HEAME. In =
k+ 14X f(z) = 0(mod p) L, B ARG AMR L4 K f(z) =0(mod p) £V H
—/NMEr BR f(r) = 0(mod p).

flx) = fx) = f(r)
= Qg1 <xk+1 — rk+1> + ag (."L‘k — rk> +- - Fa(z—r)
= (z —r)g(z)(mod p),

H¥agi1 #0(mod p),g(z) kR EZKZAX. f(z) = (z—7)g(z) = 0( mod
p) 89 & st (s — r)g(s) = 0(mod p),BFs = r(mod p)&g(s) = 0(mod p),
LA B R AT R Ag(s) = 0(mod p)8gfiE. 012 ARIEI B H £ % A ENFE,
o f(z) 2% Ak + IANB G n =k + 14 .

513 2.6. &0 > 1,03, 6(d) = n.

Y wd [k | ndY Dy, 6(d) = Xy, 6 (7)-
FIEEEC,E FdRNET.

Cog={m|1<m<nH(m,n)=d}
:{m|1<m<nﬂ<g,ﬁ):1},
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ERIC) =0 (%) (1,2, . n}FEALFHLELRE—ACyF A
n=Y1Cd =" ¢(5) = ¢(.
dln dln dln
Blden = 6,n89 B F 9 HA1,2,3,6.6C, = {1,5},Cy = {2,4},C5 =
{3}, Cs = {6}.
FEIR 2.16. pHERL| (p— 1) 98 ZHEph H IR FAEIFH G()A

B S THEAMN| (p—1),5BpM AL T FEANRAY(L). S0 R 3 FEAIR
B AU A8 L FE IR 290(1) = 0.4 R A Ea,abpE & Batph A1, Bra =
1(mod p). £ & &{a’ a', - a7} Pl F & A& 09 45 HARIR R 4, 57 A
REAFABRPAR A M3t T0<i <1 -1,

(ai)l = (al)i = 1(mod p),
a®,at, - a1 R = 1(mod p)aY fFARIE 7| 325, R & TAEE S AIA
fRAE A0, at, - - ol TR 8 AR, AR 2. TRl BpM MY BAR Y (K,
)=140,1,-- -1} P ASOMNBIZF 0% PTA{ad al, - a1 P A (1)
AP AL B (1) = ¢(1). 47 B 3T | (p — 1) ¥ a2 (1) <o(1).

B —7 @ AR D EIE (a,p) = 1,aP~! = 1(mod p).FatEpty 4 A,
LA (p—1).#HLZFEMHGaE D Ap — 1A B AT @R () R AP AL 8
AN A 5] 22,677 2

Yoy zp-1= Y ().
l|(p—1) U(p—1)
FaEdH Y1) = o(1).

R ENY(L) = (1), Bp A pI A 1A BT A ¢ (DA

HAEL = o(p) EpI A d(p)d L EANE AP ((p) = d(p — 1). XA
Ho(p — 1) MEpaY RAR ) 4372 R #K ¢ 69 BARK A

d(6(37)) = 6(36) = ¢ (2°) ¢ (3°)
=2'.(2-1)-3'3-1)=12.

@i R H A1 R 209 R AR 3R A RAR T VE :mA RAR S HAR S m = 2,
4, pF 2 pF HPpRFE R kA EEI FRLASEA RAL.



2.6. BRALG I 35

2.6.3 #HH

RgABEpy RAR {0, gt, -+, gP 2 A PEY 4 B ST HEA KR, F (n, p)=
LW A AEM, 0 < m < p— 280 = ¢"(mod p) ik L. KAVFEm ANt T &
R g) B9 paE &, H T A ind, n.

ZHEn = g'(mod p),fmn = ¢ 9" (mod p),BF VAl = ind, n(mod p —
1).

HpAa A 4o T IR

1° pfab,indg ab = indy a + indg b(mod p — 1);

2° pfa,ind,;al =1-indya (mod p — 1).

Xt B AG R0 = AR A Bk R A AR p AR R 5 AT ROk A A £
PR PR

EIE 2.17. % (n,p) = 1, g A Epty RAR N B & 7 422" = n (mod p) A
Y BALG (k,p— 1) | indgn. H FH#H 2, ZFTA2H (k,p — 1),

EH Ay = indgz,z = ¢ (mod p) RAzF = n(mod p)#F 2lgvF =
g9 (mod p),BPyk = indgn (mod p — 1). ZHEH My% B L (k,p—1)
indgn, 7t L5 R0 A (k,p — AR CMNAE

Y=Y92, 5 Ykp—1) (modp - 1)
AR Lz = g¥t, g¥2, - -+, gY¢r=1) (mod p)&2* = n (mod p) & fiF.
5] 2.10. fER 4 7r422% = 3 (mod 11).

i ERARIEE IR RARAL, 34 T RAR269R 11K AR Sy =
indy 2,6 ##8 - y = indy 3 = 8 (mod 10).H(8,10) = 2, &KW B & H A2 H 24
10 F 469t e A

y = 1,6 (mod 10),
B33z =220 = 2,9 (mod 11),€ 1228 = 3 (mod 11) 49 %,
5] 2.11. MAHEF A F4252 = 7 (mod 11).

8 ®5z =7 (mod 11), AR 1149 N RARH 240
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indy 5 + indg z = indy 7 (mod 10).

IRARAG R & Snindy 5 = 4,inde 7 = 7, AN L X/F 2linds 2 = 3 (mod 10),3&x =
8 (mod 11) & /R B #& 7 42 49 .

Bl 2.12. #F 4 74228 = 3 (mod 143).

fE H143 = 11+13. 2% 2% = 3 (mod 143)#t R ZF B & H A28

2% = 3 (mod 11)
28 = 3 (mod 13).

#] 1412.10%228 = 3 (mod 11)8 & Kz = 2,9 (mod 11). A #12.10F &) 7 & %
#2% = 3 (mod 13)49## Az = 4,6,7,9 (mod 13).
T @ KA

x =a(mod 11)
x =b(mod 13),

HPa=290b=4679KM7 k234 T PLHFEALIXEZALEL
Rz =136+a+11+6+b(mod 143). K \a, bay18,1F 2|

x = +9, 420, £35, £46 (mod 143).

B AT 3 25 52 & Hophe AT K B A p ey RAR S L — A 89 77 ik 55 oh o e — AN %
Ha,C AR F R RARAL LA — A0 Tk AR R T A — AR PP
T2 ARG RARFAD S I H K K214 H TH0A N 69 & &89 &) RAR
BADR B AGH %A T B — TP HB0 AN 3 & Sp, % — 7 & E ¥ Hn.F
HopAa B 5 B HAE A 169 7 F AR 8GR W) R 3% F #08 o) RAR g, 1% 3 69 Al
AF& W &Zind, n.
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& 2.1 =Hp(< 50) /N REIR TR ER
indgn \ p
5 7 11 13 17 19 23 29 31 37 41 43 47

n
1 o0 0 0 O O 0O O O 0 O 0 O
2 1 2 1 1 14 1 24 26 27 18
3 31 8 4 1 13 16 5 1 26 15 1 20
4 2 4 2 2 12 2 4 2 18 2 12 12 36
5 5 4 9 5 16 22 20 23 22 25 1
6 3 9 5 15 14 18 6 25 27 1 28 38
7 7 11 11 6 19 12 28 32 39 35 32
8 3 3 10 6 3 12 3 38 39 8
9 6 8 8 10 10 2 16 30 2 40
10 5 10 17 3 23 14 24 8 10 19
11 7 12 9 25 23 30 3 30 7
12 6 13 15 20 7 19 28 27 13 10
13 4 14 18 11 11 31 32 11
14 9 21 13 22 33 25 20 4
15 6 11 17 27 21 13 37 26 21
16 8 4 4 6 24 24 26
17 10 21 33 38 16
18 9 12 11 26 17 16 29 12
19 15 9 35 9 19 45
20 5 24 25 34 37 37
21 13 17 29 22 14 36 6
22 11 26 17 31 29 15 25
23 20 27 15 36 16 5
24 8 13 29 13 40 28
25 16 10 10 4 8 2




38 CHAPTER 2. #it#%

* 2.2 Hk2.1
indgn \ p
3 5 7 11 13 17 19 23 29 31 37 41 43 47
n

26 19 5 12 17 17 29
27 5 3 6 5 3 14
28 14 16 34 11 5 22
29 9 21 7 41 35
30 15 14 23 11 39
31 9 28 34 3
32 5 10 9 44
33 20 18 31 27
34 8 19 23 34
35 19 21 18 33
36 18 2 14 30
37 32 7 42
38 35 4 17
39 6 33 31
40 20 22 9
41 6 15
42 21 24
43 13
44 43
45 41
46 23
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) AR

1. JEH:

(1) #alb,a > 0,0 (a,b) = a;

(2) ((a,0),b) = (a,b).

2. 1EHA:

(1) *FrAn > 0m 2 (n,n+1) = 1;

(2) Hn > 08, (n,n+ k)T BA 4482

3. KaAeylz£%:

(1) 314z + 159y = 1,

(2) 3141z + 1592y = 1.

AR A FH AR > 0,46 | (n® —n).
5. iE9: EXF T EAmMAL0| (3™ + 1), M FTHn > 0,10 | (3mH" 4+ 1).
6. K2345% 34567 A~ 89 F £ ik X

7. 3 Bn > 08 n(n + 1) R —AF A

8. An=>5+1iEMn+1,n+2,n+3,n+ 434 A 5%

9. KT3I A28 TR M5 R
(1
(2
(3

e

)T +y=2
) 204y = 2;
) 15z + 16y = 17.
10. KT 374269 5 B A7
(1) 6z — 15y = 51;
(2) 6z + 15y = 51.
11. A30KZEIAN5S 1A, 2ASH KT B|ETR.FIA 5 ) A 1R
89 5% 75 k7
12. RAR099TE T ¥ RAetE T HI2NHFRFRLE AR T3
BREOFERBRS TR IR FRETEES IA?
13. &k =1(mod 4), M6k + 58£4% T % V7
14. £ AKX TINERR6RE1IR A RE5F 4.
15. A ALK A 2 7 $ 2 £ AR AR R .
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S

16. EBA: F—/NEH EA T X A AR M3E R AR A Z AL AR A3 E

A
17. JEBA:
(1) 10F = (1) (mod 11) ,k = 0,1,2,--;
(2) EF B —AERKREALLER A A A,
18. T P& R 4 77 A2
(1) 2z =1 (mod 17); (2)3z = 6 (mod 18);
(3) 4z = 6 (mod 18); (4)3x =1 (mod 17).
19. & 7R & 7 A2 48
Q { o= 1 (mod 2) 2 { o= 31 (mod 41)
x =1 (mod 3) x =59 (mod 26)
z =1 (mod 2) 2z =1 (mod 5)
(3) § z=1(mod 3) (3) ¢ 32 =2(mod 7)
x =6 (mod 7) 4x =1 (mod 11)
20. KAKR I #H A TR FERGEEH, y, 2
(1) €M HIF A3, 5, THTF RTRARE2069 AR RN £ H 189 KB
(2) €AV AIFIAS, 5, THT 13 ARG vA2073 2] 69 B 531 5 T (1) F o8
B RE.

21 K#HA2|n,3 | (n+1),4| (n+2),5| (n+3),6]| (n+4)8m %
Fn(> 2).

22. 1 H $(42), ¢(420), $(4200).

23. NFISH 518Z K E K AME? Ym = 18,a = 50,1 E 5]
2.1

24. pAFEE (m,n) = p,Flo(mn)Eo(m)p(n)Z B A H 24X F?

25. 1EHA:

(1) %2 R6 | n,Mo(n) < 3;

(2) o Rn — Vhn + DA F R n > 4. Mp(n) < 5.

26. (1) BiE14+2 = 2¢(3),1+3 = 36(4),14+2+3+4=5¢(5),1+5 =
84(6),14+2+3+4+5+6=12¢(7),1+3+5+7=56(8);

(2) R —A 25,

(3) EHf b = 5.



2.6. BRALG I 41

27. 31419 ATHY B3 R % V2

28. TSP KAZH AR A7 KA H R A7

29. pA FHAERA: A EEHE, (k+ 1)P — kP = 1 (mod p),FF s b dfe
Y

30. BixpA —ANF & AR

(1) 1Pt 2r7t .o (p—1)P7L = —1 (mod p);
(2) 17+ 2P +--- 4 (p— 1)’ = 0 (mod p).
31. #H.d(42), d(420), d(4200), o(42), 0(420), o(4200).
32. KAAGCONE T #94kn (n < 10).
33. 1EBH
Zl — la(n)
o d n

34. IEH BT A 4948 T A R A6 R84
35. EnAMBT 24 n > 6,iE%n =1 (mod 9).
36. 1EEA

D alp)=> o)+ > dlp)

P p<x p<x

37. £2,4,7,8,11,13, 1481589 2 % V7

38. (1) X F/RAR289 & ) 4544 (mod 29);

(2) A A& M9z = 2 (mod 29);

(3) A A& ME2? = 2 (mod 29).

39. 4579 = 1 (mod 10021)%F R AF? (iX 2457, 91148 & % $£,10021 =
11-911.)

40. K3TE9124NR AR,

41. PEM: FEp,qAFEFH | (a? +1),MAq | (a+1)3%q | (2kp+ 1), %
kA AR

423880 FatptI B A3, Wa + 1ALpaI I 4 6.



